OCTOBER/NOVEMBER SOLUTION

THREE RooOTS

The given equation is
AP+ (22— A)2® —2—1=0.

Notice that x = 1 is a solution for every possible A. Factoring yields (x —
1)(Az? 4+ 2z + 1) = 0. Using the quadratic formula, we find that the other

two solutions are
2+ v4-4A —-1£V1-A
v 2A - A
Note that for A > 1, the discriminant is negative, and the roots are not real.
If A =1, this formula gives —1 as a double root.

We can also have a double root if

-1+£vV1-A

A
+V/1-A4 = A+1
1—-A = A?24+24+1
0 = A%24+34
0 = A(A+3)

1

So either A = 0 (impossible) or A = —3, in which case the other root is -
So the possible values of the triple are (1,—1,1) and (-3, 1, —%)
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